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Abstract 

 Two novel finite element models (FEMs) have been developed to analyze bladeless wind turbines (BWTs): one focusing 

on aeroelastic analysis and the other on piezoelectric energy harvesting. The aeroelastic model simulates the interaction 

between aerodynamic loads and the BWT structure, utilizing a semi-empirical wake oscillator model to generate 

aerodynamic loads while solving the structural equations using FEM. The piezoelectric energy harvesting model predicts 

the effects of applying sinusoidal aerodynamic loads on the charge generated by piezoelectric patches placed at the root of 

a plate-like BWT. The aeroelastic model effectively predicts the aeroelastic characteristics of BWTs, providing insights 

into their stability and performance under various wind conditions. Meanwhile, the piezoelectric energy harvesting model 

efficiently simulates the energy conversion phenomena, demonstrating the potential for harnessing electrical energy from 

the mechanical vibrations of BWTs using smart piezoelectric patches that are mounted at the root of a plate-like BWT. 

These models offer valuable tools for optimizing the design and functionality of BWTs in renewable energy applications. 
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1. Introduction 

 Bladeless wind turbines (BWTs) offer a groundbreaking alternative for harnessing wind energy by utilizing the 

principles of vortex-induced vibrations (VIV) instead of the traditional rotating blades found in conventional turbines. A 

typical BWT consists of a foundation beam supporting a mast, which provides an aerodynamic shape and serves as the 
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primary component exposed to wind. The mast integrates tuning mechanisms and electromagnetic devices to adjust its 

natural frequency and convert vibrations into electrical energy. Typically constructed from lightweight, stiff materials such 

as composites, the mast can have cylindrical or tapered shapes. Tapered designs are particularly advantageous, as they 

exhibit broader lock-in ranges and hybrid vortex shedding behaviors. The foundation beam, often made from iron, steel, or 

carbon fiber, anchors the mast while accommodating its cantilevered motion. Meanwhile, the tuning and electrical 

systems—comprising springs, dampers, and electromagnetic devices—ensure efficient operation and energy generation 

across varying wind conditions. Unlike traditional turbines, BWTs eliminate rotating blades, resulting in quieter, safer 

operation and reduced maintenance requirements [1, 2]. 

BWTs operate on the principle of VIV, which occurs when airflow around a bluff body creates alternating low-

pressure vortices, causing the body to oscillate perpendicular to the wind direction. Factors such as body geometry, 

Reynolds number, Strouhal number, and vortex shedding frequency significantly influence energy conversion efficiency 

[3]. Additionally, three interrelated aerodynamic phenomena impact BWT performance [4] including (1) Vortex-Induced 

Vibrations (VIV): Oscillations caused by alternating vortex shedding, dependent on parameters like Strouhal number, 

Reynolds number, and the structure's natural frequency, (2) Galloping: A self-excited vibration seen in non-circular bluff 

bodies, driven by aerodynamic instability and characterized by large, low-frequency oscillations, and (3) Flutter: 

Oscillations arising from interactions between aerodynamic forces and structural elasticity, potentially leading to structural 

failure. While distinct, these phenomena share a common reliance on resonance between the turbine and surrounding 

airflow frequencies. Analyzing BWTs requires advanced modeling to capture air-structure interactions.  

Several studies have advanced the understanding of BWT dynamics. Berger [5] Explored vortex-excited oscillations in 

circular cylinders, analyzing phase relationships between lift forces and cylinder displacement. The study emphasized 

nonlinear feedback mechanisms and their impact on stability and oscillation amplitude. Skop and Griffin [6] Developed an 

empirical model using a modified Van der Pol equation to predict resonant transverse oscillations in bluff bodies, with 

parameters calibrated through experimental data. Later enhancements by Skop and Balasubramanian [7] refined the model, 

incorporating nonlinear terms to improve accuracy. Chizfahm, et al. [8] Presented dynamic models for BWT configurations 

using Euler-Bernoulli beam theory and the Galerkin method. Their findings revealed that conic BWTs perform better at 

high wind speeds, while cylindrical designs excel at lower speeds, highlighting the significance of structural design in 

optimizing energy harvesting efficiency. This comprehensive body of research underscores the potential of BWTs as a 

transformative technology in wind energy generation, offering improved safety, reduced environmental impact, and 

enhanced adaptability to varying wind conditions. 

The integration of smart elements such as piezoelectric materials is found to improve the overall efficiency of energy 

harvesting. By combining piezoelectric and electromagnetic effects, hybrid models can take advantage of the high 

efficiency of piezoelectric materials at small deformations and the high-power density of electromagnetic systems at larger 

deformations. The phenomenon of piezoelectricity, discovered by Pierre and Jacques Curie in 1880, involves the generation 

of an electric field in response to mechanical stress in certain crystals. This effect is utilized in energy harvesting devices to 

convert mechanical energy into electrical energy. Piezoelectric materials like PZT (lead-zirconate-titanate) and PVDF 

(polyvinylidene fluoride) are commonly used due to their high sensitivity and flexibility. The fundamental equations of 

piezoelectricity involve stress, electric field, and the respective material properties, governed by the piezoelectric tensor [9]. 

The application of piezoelectric energy harvesting in BWT is not common in research and it can help increase the energy 

extracted from BWTs.  

Piezoelectric energy harvesting (PEH) has emerged as a promising technology for converting mechanical vibrations 

into electrical energy, leveraging the unique properties of piezoelectric materials to meet low-power demands. The concept 

has been extensively explored in aeroelastic systems, where fluid-structure interactions like flutter and vortex-induced 

vibrations (VIV) are exploited. Studies have shown that flutter-induced limit-cycle oscillations (LCO) significantly enhance 

energy output, as demonstrated in nonlinear analyses that optimize spring coefficients to maximize power while avoiding 

subcritical instabilities [10-12]. Similarly, Akaydin, et al. [13] illustrated the potential of VIV-based harvesters by 

synchronizing the natural frequency of piezoelectric structures with vortex shedding frequencies in turbulent flows [13]. 

Modeling approaches, such as finite element methods (FEM) and lumped-parameter models, have proven crucial in 

capturing the dynamics of these systems, enabling geometric and material optimization [14]. Stability characterization 

methods further ensure reliable operation under varying aerodynamic conditions [15, 16]. Experimental validation has 

demonstrated that PEH systems, such as cantilevered beams and triangular-section galloping harvesters, can achieve high 

efficiency, particularly when load resistance and system parameters are tuned for optimal performance [17].  

Despite the extensive research on BWTs, limited studies have focused on developing FE models for their analysis and 

design. This work aims to bridge that gap by offering a comprehensive understanding of the principles underlying BWTs, 

their components, dynamic behavior, and piezoelectric energy harvesting mechanisms using the FEM. Two distinct models 

are developed and analyzed: one employing a beam element FE approximation and the other utilizing a plate element FE 

approximation. 

 

2. Aerodynamic Modes 
 To ensure maximum vibration in BWTs, four key factors must be addressed. Firstly, the structural natural mode of the 

turbine must match the vortex shedding frequency, ensuring that the turbine resonates with the aerodynamic forces. 

Secondly, the aerodynamic characteristics of the turbine, including the lift and drag forces, must be carefully considered to 

optimize the interaction with the airflow. Thirdly, the structural properties, such as stiffness and damping, need to be 

precisely tuned to sustain and amplify the induced vibrations. Finally, the interaction between the aerodynamic forces and 
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the structural response must be thoroughly analyzed and modeled to predict and control the resonance phenomena. By 

addressing these four critical issues, we can maximize the vibrations of the BWTs, thereby enhancing its energy capture 

and overall efficiency. 

 For resonance to occur in a BWT, one of the structural fundamental frequencies must equal the vortex shedding 

frequency. The structural natural modes can be determined by approximating the BWT as a cantilever beam, using either 

analytical methods or finite element (FE) solutions. On the other hand, the aerodynamic vortex shedding frequency can be 

derived through empirical formulas or Computational Fluid Dynamics (CFD). By aligning the structural natural frequency 

with the vortex shedding frequency, the turbine can achieve resonance, leading to amplified vibrations and optimized 

energy harvesting. This approach ensures that the BWT operates efficiently by fully leveraging the aerodynamic forces 

acting on it. 

 The aerodynamic modes, or the vortex shedding frequency, can be obtained through empirical relations or CFD 

simulations. For the empirical relation, the vortex shedding frequency can be determined using the following equation: 

 

 

 

 

𝑆𝑡 is the Strouhal number that can be defined based on empirical value (𝑆𝑡 = 0.15 − 0.21). 

Another method for obtaining the aerodynamic frequency is by employing the CFD simulation. In CFD analysis, we 

are solving Navier-Stokes equations. The Navier-Stokes equations for modeling laminar, unsteady 2D flow over a cylinder 

are a set of partial differential equations that describe the motion of the fluid. These equations include the continuity 

equation and the momentum equations in x and y directions. 

 

2.1. Continuity Equation 

 

 

 

 

Where U and V are velocity components in x and y directions, respectively.  

 

2.2. Momentum Equations 

In x-direction  

 

 

 

 

2.3. In Y-Direction  

 

 

 

Where P is the pressure, 𝜌 is the flow density and 𝜈 is the flow viscosity.  

Those are three nonlinear PDEs that are solved by iteration using finite volume method by implementing a proper CFD 

code, and by applying the boundary conditions, Figure 1 shows the computational domain used to study the flow around 

the BWT model. The domain is 50 m in diameter. The flow is assumed to be two dimensional. 

 

 

 
Figure 1.  

CFD computational domain. 
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For predicting the vortex-shedding frequency using CFD simulation a proper time-step and computational time should 

be selected to determine the vortex-shedding phenomena. Figure 2 shows the excitation of lift coefficient for a typical 2D 

cylinder with 0.18 m diameter, and velocity 4.3 m/s. The maximum fluid induced lift coefficient is about 𝐶𝐿0 = 0.165 

whereas the vortex shedding frequency is determined to be 42.2
𝑟𝑎𝑑

𝑠
. This information will be used in the following sections 

for the aeroelastic analysis using the FEM. 

 

 
Figure 2.  

Lift coefficient. 

 

 
Figure 3. 

Vortex-Shedding Contours. 
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3. Structural Modes  
The structural modes of BWT can be tailored and determined either through analytical methods or by employing the 

FEM. In this context, the BWT is typically approximated as a beam model, and its natural modes are obtained using the 

FEM. This approach allows for the accurate prediction of the BWT's dynamic behavior by calculating its natural 

frequencies and corresponding mode shapes. By tailoring these structural modes, designers can optimize the turbine to 

achieve resonance with the vortex shedding frequency, thereby maximizing its oscillations and energy capture efficiency. 

Both the natural frequencies and mode shapes can be obtained by solving the eigenvalue problem, 

 

 

W

here 𝐾 and 𝑀 are simply the mass and stiffness matrices of a beam element [18] wheras W is the lateral displacement 

vector. For the luck in phenomena to take place both the aerodynamic natural frequency and structural fundamental 

frequency must be identical. Figure 4 illustrates the 1st three modes of BWT1 in reference [8]. Here, the fundamental 

natural frequency is 3.2193 which is nearly equal the vortex shedding frequency for the same case which is 3.5833 Hz.  

 

 
Figure 4.  

BWT natural modes. 

 

4. Model I – FE Aeroelastic Modeling 
The aeroelastic analysis of BWT focuses on studying the interaction between aerodynamic forces, such as lift, and the 

elastic displacement of the turbine's structure. Unlike conventional structures such as aircraft wings and bridges, where 

resonance or flutter must be prevented to avoid structural failure [19-21] in BWTs, we aim to induce resonance. This 

intentional resonance amplifies the turbine's oscillations, thereby maximizing energy capture. To achieve this, it is essential 

to develop a detailed model that accurately predicts the interaction between aerodynamic forces and structural responses. 

Such a model can forecast resonance phenomena, allowing us to optimize the design and operational parameters of BWTs 

to enhance their vibrations and, consequently, maximize the power output. This aeroelastic analysis is crucial for ensuring 

that the BWT operates efficiently and effectively harnesses wind energy. 

A simple approximation of bladeless wind turbines is to model them as a cantilever beam. The model is based on the 

coupling between the aerodynamic and structures, thus the structure and equation of motion can be defined as, 

𝜌𝑚 is 

the 

mast 

material density, 𝐴 is the mast cross-section area, 𝑊 is the blade displacement, 𝐴𝑠𝑢𝑟𝑓𝑎𝑐𝑒  is the mast surface area 
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𝐿 for a right cylindrical mast), 𝐷𝑚𝑜𝑢𝑡

 is the mast outer diameter, L is the mast length, 𝑉𝑎𝑖𝑟  is the air 

speed, and 𝑡 represents the time.  

 

The lift coefficient can be expressed in terms of an excitation component and blade velocity (stall term) based on Van der 

Pol equation, in the form [8]. 
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- 𝜔𝑠 is the vortex shedding frequency, 𝜔𝑠 =
2𝜋𝑆𝑉𝑎𝑖𝑟

𝐷
 , 𝑆 is Strouhal number. 

 

The aerodynamic excitation component 𝑄 can be obtained from the following 2nd order PDE,  

 

𝐹𝑝 

and 𝐺 

are 

empirical parameters. Equation 6 can be approximated using FEM in the form of [18], 

 

 

T

he BWT has been considered as a cantilever flexible hollow cylindrical beam with outer diameter 𝐷𝑚𝑜𝑢𝑡
, thickness 𝑇 and 

length 𝐿.  

Equation 6 and Equation 9 represent the aerodynamic and structural equations of motion, respectively. Traditionally, 

these equations are solved using either a sinusoidal solution approach [7] or the Galerkin method [8]. In this work, we 

present a novel solution methodology based on the FEM, implemented in two distinct models that incorporate different 

aerodynamic approaches and time integration techniques, as outlined below. 
Model I employs the finite difference method (FDM) to solve the time-dependent aerodynamic equations, and the 

Newmark method to solve the time-varying structural equations. For the aerodynamic PDE, time integration is performed 

using the FDM, based on a Taylor series approximation, as follows: 

 

 

 

 

 

 

Here, the aerodynamic forces become   

 

𝐶𝐿 is 

the 

lift 

coefficient distribution over the blade, where 𝑄ℎ is the homogenous solution.   

The time dependence is integrated using Newmark method [22] a numerical technique widely employed in dynamic 

analyses. This method is particularly effective for solving linear systems under dynamic loading, as it enables the 

calculation of displacement, velocity, and acceleration over time. The time integration solution for the structural FE 

equation is derived as follows:  

 

 

 

 

 

 

 

Where 𝛾 and 𝛽 are the Newmark integration parameters [22].  

 

 

 

 

 

 

 

 

 

 

The present aeroelastic model is applied to a typical BWT [8] with an outer diameter of 0.18 m, a thickness of 0.001 

m, and a length of 4 m. The BWT is constructed from a material with a Young's Modulus of 2.2 GPa and a density of 1040 

kg/m³. The air speed is 4.3 m/s to ensure the resonance phenomena to take place. The slender and lightweight design, 

coupled with the specified material properties, ensures that the turbine can oscillate effectively in response to vortex 

shedding induced by wind flow, thereby maximizing its energy capture potential. The chosen dimensions and material 

properties also influence the natural frequency of the system, which must be matched with the vortex shedding frequency 

for optimal performance. This study aims to explore the dynamic response and energy conversion efficiency of the BWT 

under these specified conditions. 
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The maximum displacement, lift coefficient, and aerodynamic force of the BWT are illustrated in the Figure 5, based 

on the present aeroelastic FE model. The displacement oscillates around 0.01 meters, indicating the turbine's consistent 

movement under aerodynamic excitation. The lift coefficient fluctuates between a value of 2, reflecting the varying 

aerodynamic lift forces acting on the structure. Additionally, the applied aerodynamic loads oscillate between 10 N, 

showcasing the dynamic loading conditions experienced by the turbine 

 

 
Figure 5.  

Maximum displacement, lift coefficient, and force as a function of time. 

 

 The displacement distribution along the length of the BWT is depicted in Figure 6, indicating that the aeroelastic 

interaction takes place at the 1st mode. The maximum displacement observed is consistent with the values shown in Figure 

5, highlighting the oscillation around 0.01 meters. At the blade root, the displacement is zero due to the fixed boundary 

conditions, which prevent movement at this point. Additionally, the figure illustrates the displacement time history, 

providing a detailed view of how the displacement evolves over time along the length of the BWT. This time history is 

essential for analyzing the dynamic response and ensuring that the turbine design can withstand the varying aerodynamic 

forces it encounters. 

 

 
Figure 6.  

The BWT displacement distribution. 
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5. Model II – Piezoelectric Integrated BWT 
Piezoelectric energy harvesting is a process that converts mechanical energy, typically from vibrations, strain, or 

pressure, into electrical energy using piezoelectric materials. These materials generate an electric charge in response to 

applied mechanical stress, making them ideal for energy harvesting applications. Piezoelectric energy harvesters are used in 

various applications, including powering small electronic devices, sensors, wireless communication systems, and 

aeroelastic application,  particularly in environments where traditional power sources are impractical [21, 23].  

The principle behind piezoelectric energy harvesting involves materials like lead zirconate titanate (PZT), zinc oxide 

(ZnO), and polyvinylidene fluoride (PVDF). When these materials are subjected to mechanical deformation, they produce 

an electric field proportional to the applied force. This capability is exploited in different configurations, such as cantilever 

beams, where mechanical vibrations induce stress in the piezoelectric material, generating an electric output. This is a 

typical concept that can be applied to BWTs. Research and development in piezoelectric materials and device architectures 

continue to enhance the efficiency and practicality of piezoelectric energy harvesting. Innovations include improving 

material properties, optimizing device designs for specific applications, and integrating piezoelectric harvesters with energy 

storage systems to manage and utilize the generated power effectively. 

Piezoelectric energy harvesting has been successfully implemented in several aeroelastic applications, including wings 

[11, 17, 24] flapping flag models [12] wind turbines [25] BWTs [9] and helicopter blades [26]. Typically, wings are 

designed to avoid flutter instability, but in the context of energy harvesting, achieving a stable flutter phenomenon is 

essential for maximizing power output. This stable flutter state is crucial as it allows for the extraction of maximum energy. 

Various configurations have been explored in the literature for extracting energy from vibrating devices using 

piezoelectric materials. Among these, the flapping flag model stands out as one of the most efficient configurations for 

obtaining maximum power output [27]. The key parameter affecting the power output in this model is the tip mass in the 

flange. The properties of the tip mass, including its moment of inertia and center of gravity, are critical in determining the 

amount of energy that can be extracted [28, 29]. Adjusting these properties can significantly influence the efficiency and 

effectiveness of the energy harvesting system. 

As part of the present work, we develop a novel FE model for piezoelectric energy harvesting using a plate-like BWT 

model. In this model, piezoelectric patches are strategically applied at the plate root, where the maximum strain occurs, to 

optimize energy conversion. A sinusoidal signal is applied to the plate, at tip, to simulate dynamic loading conditions, and 

the resulting charge generated by the piezoelectric patches is recorded. This innovative approach allows for a detailed 

analysis of the energy harvesting potential and provides insights into optimizing the placement and configuration of 

piezoelectric materials to maximize efficiency. The recorded data demonstrate the effectiveness of this method in capturing 

mechanical energy from aeroelastic vibrations and converting it into electrical energy, highlighting its potential for 

enhancing the performance of piezoelectric energy harvesting systems. A typical piezoelectric patch applied to cantilever 

plate in shown in Figure 7.  

 A harmonic displacement is applied to the plate tip to simulate the VIV aerodynamic loading conditions,  

 

𝑤 = 𝑞0sin (2𝜋𝑓𝑡) 

𝑓 = 1
𝑐𝑦𝑐𝑙𝑒

10
= 0.1 𝐻𝑧 

(18) 

 
Figure 7.  

Piezoelectric patches applied to the cantilever plate. 
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Figure 8. 

Input harmonic displacement. 

 

The FEM is based on the classical laminated plate theory [30]. Consider the linear equilibrium equation (equation of 

motion) [31] 

 

σij,j + fi = 𝜌u,tt (19) 

 

where f is the force per unit volume, 𝜎 is the Cauchy stress tensor, and u is the displacement.The stress-strain relation takes 

the form [32], 

 

 

σij = 𝜆 δij uk,k + 2𝜇 u(i,j) 

where                                       w(i,j) =
wi,j+wj,i

2
 

 

(20) 

λ and μ are Lame´ constants.  

 

Equation (20) can be written in matrix form,  

 

𝜎 = D ε (21) 

 

Where D is the material stiffness. A 4-note quadrilateral element is utilized in the present analyses (see Figure 9) [20, 21]. 

 
Figure 7.  

4-node shell element 

Then, the finite element equation can be written as  

 

M𝑒q̈ + Ce q̇ +  K𝑒q = F𝑒 (22) 
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M𝑒 denotes the element mass matrix, Ce represents the element damping matrix,  𝐊𝒆 is the element stiffness matrix, q 

signifies the nodal displacements, and Fe is the nodal force vector.  

1.  

The piezoelectric charge is determined based on the following equation,  

 

𝑄(𝑡) = 2 ∑
1

2

𝑁𝑒

𝑗=1

[∬ 𝑒(2𝐵𝑝 − (𝑍𝑘 + 𝑍𝑘+1)𝐵𝑏)|𝐽|𝑑𝜉𝑑𝜂

1

−1

] {𝑞𝑗
𝑒} (23) 

 

𝑒 is the piezoelectric stiffness matrix, 𝑩𝒑 the strain-displacement matrix for inplane action, and 𝑩𝒃 is the strain 

displacement matrix for bending action.  

 

 
Figure 8.  

Piezoelectric configuration over the plate. 

 

The piezoelectric current is obtained from, 

 

𝑖(𝑡) =
𝑑𝑞(𝑡)

𝑑𝑡
≈

𝑞(𝑡 + 1) − 𝑞(𝑡)

∆𝑡
 (24) 

 

A state-space model is developed for the FE equations incorporating the piezoelectric effect. The state-space 

representation of the system includes state variables, and output equations for the PZT sensor. This representation is 

beneficial for solving time-dependent problems as it allows for more efficient and stable numerical integration. By 

structuring the system in state-space form, the dynamic behavior of the piezoelectric elements can be accurately captured, 

facilitating the analysis of the energy harvesting performance. The state-space model enables a systematic approach to 

handle the complexities of coupled electromechanical systems, ensuring precise prediction of the system's response under 

dynamic loading. 

The state space model can be represented as following, 

 

�̇� = 𝐴𝑋 + 𝐵𝑢 (25) 

 

 

𝑌 = 𝐶𝑋 (26) 

 

 

 

 

 

where 

 

𝐴 State matrix 

𝐵 State control matrix 

𝑋 State vector 

𝑢 Control vector 

𝑌 Output vector 

 

The state-space matrices are defined as,  

 

𝐴 =  [
[0] [𝐼]

−𝑀−1𝐾 −𝑀−1𝐶
] , 𝐵 = [

0
−𝑀

] , 𝑋 = {
𝑞
�̇�} (27) 

 

The state-space model is then solved using MATLAB and applied to a plate-like BWT with a length of 4 m and a 

width of 0.15 meters. The plate is constructed from steel, with a Young's Modulus of 200 GPa, a Poisson's ratio of 0.3, and 

a density of 7580 kg/m³. It has a thickness of 0.6 mm. For the present analyses, a typical piezoelectric sheet from piezo-
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systems [33] is utilized. This setup allows for an accurate simulation of the piezoelectric energy harvesting capabilities of 

the BWT, leveraging the robust computational power of the model to handle the complex dynamics of the system. Three 

cases have been considered for the present analyses: 

Case 01 – Sandwich PZT plate model with tip sinusoidal excitation  

Case 02 – Sandwich PZT plate model with mid-span sinusoidal excitation (0.8675 m from root). 

Case 03 – Sandwich PZT plate model with mid-span sinusoidal excitation and tip point mass (5 kg). 

 

 
Figure 9.  

Sandwich PZT configurations. 

 
The piezoelectric sensor material properties are listed in Table 1. 

 
Table 1.  

PZT material properties. 

 

Three smart plate cases are conducted, each with single and double PZT patches subjected to four different excitation 

frequencies, resulting in a total of 12 models as illustrated in Figure 14 and Figure 15. The excitation frequency 

significantly influences both the peaks and the distribution of the output charge over time. Notably, the maximum charge 

amplitude occurs at excitation frequencies of 4.86 Hz which is equal the 2nd natural frequency of the plate. This analysis 

demonstrates how varying the excitation frequency can affect the performance of piezoelectric energy harvesting systems, 

providing insights into optimizing the configuration and operational conditions to maximize energy output.  

The natural frequencies and mode shapes for Case 01 and Case 02 are illustrated in Figure 12, while those for Case 03, 

which includes a point mass, are shown in Figure 13. The addition of a tip mass decreases the natural frequencies of the 

plate, which is an expected outcome due to the increased inertia. Natural frequencies are crucial in the design and operation 

of BWTs because the system is typically excited at these frequencies to maximize vibrational displacement and, 

consequently, the output power. The design of the BWT aims to have a natural frequency that closely matches the 

aerodynamic vortex shedding frequency. This alignment ensures that the BWT can effectively harness the energy from the 

induced vibrations. For this reason, we will excite the current plate-like BWT at both the lower frequency and the second 

mode natural frequency. 

 

Property PZT – G1195N 

Young’s Moduli E11 [Gpa] 63 

E22 63 

Poisson’s ratio v12 0.3 

Shear moduli G12 [Gpa] 24.2 

Density ρ [kh/m3] 7600 

Piezoelectric constants [C/m2] e31 = e32 22.86 

𝒅𝟑𝟏 -190E-12 

(b) Case 02 (a) Case 03 
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Figure 10.  

Natural frequencies and mode shapes Case 01. 

 

 
Figure 11.  

Natural frequencies and mode shapes for Case 03. 
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a. 1Hz – 1sec b. 1Hz – 10sec 

 
 

c. 4.86Hz – 1sec d. 4.86Hz – 10sec 
Figure 12.  

Case 01 sandwich PZT-plate model under sinusoidal load with different excitation frequencies and time.  
 

Figure 15 illustrates the effect of the tip mass on the output charge of the smart plate. It is observed that the presence of 

a tip mass decreases the output charge for excitation frequencies of 1 Hz however it increases the output charge at 

resonance frequency (3.42 Hz), enhancing the energy harvesting efficiency at this frequency. This indicates a frequency-

dependent behavior where the tip mass can either augment or diminish the harvested energy. The findings underscore the 

importance of optimizing the tip mass for specific operational frequencies to maximize the performance of piezoelectric 

energy harvesting systems. This behavior can be attributed to the changes in dynamic response and resonance 

characteristics introduced by the added mass at the plate tip. 
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Case 02 Case 03 

  
Excitation frequency 1 Hz – 1 sec 

 

 

Excitation frequency 1 Hz – 10 sec 
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Excitation frequency 4.86(left) Hz and 3.42Hz (right) – 1 sec 

 
 

Excitation frequency 4.86(left) Hz and 3.42Hz (right) – 10 sec 
Figure 13.  

Plate displacement and output charge with and without tip mass. 

 

6. Conclusion and Future Work 
In this study, two FE models are developed and applied to simplified BWTs models to address distinct yet 

interconnected aspects: aeroelastic analysis and piezoelectric energy harvesting. The aeroelastic model successfully 

captured the interaction between aerodynamic loads and the BWT structure, utilizing a semi-empirical wake oscillator 

model to simulate realistic aerodynamic forces. This model proved effective in predicting the aeroelastic characteristics of 

BWTs, offering valuable insights into their stability and dynamic behavior under various wind conditions. 

The second model focused on the piezoelectric energy harvesting potential of BWTs. By applying sinusoidal 

aerodynamic loads that simulate the aerodynamic loads, this model predicted the charge generated by piezoelectric patches 

placed at the root of a plate-like BWT. The results demonstrated the efficiency of the model in simulating the energy 

conversion process, highlighting the feasibility of harnessing electrical energy from the mechanical vibrations of BWTs. 

Both models make significant contributions to the advancement of renewable energy, particularly in optimizing 

bladeless wind turbine (BWT) designs. The aeroelastic model plays a crucial role in ensuring structural stability and 

enhancing performance, while the piezoelectric energy harvesting model introduces new possibilities for efficient energy 

generation. Together, these models create a comprehensive framework for improving BWT efficiency and expanding their 
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applicability in sustainable energy systems. Future research could focus on further refining these models and exploring 

their integration into real-world applications. The beam finite element (FE) model has proven to be effective in predicting 

the BWT’s lift and vibration displacement along its length. Additionally, results indicate that the presence of a tip mass 

decreases the output charge at an excitation frequency of 1 Hz but significantly enhances energy harvesting efficiency at 

the resonance frequency (3.42 Hz), demonstrating its potential to improve power generation at optimal operational 

conditions. 

 For future work, the two models should be combined to develop a more advanced and robust aero-piezoelectric model 

for the stability, dynamics, and piezoelectric analysis of BWTs. This integrated model needs to incorporate a more 

sophisticated aerodynamic framework that relies on precise aerodynamic calculations rather than empirical values. By 

addressing the limitations of current empirical approaches, the combined model will enhance the accuracy of simulations 

and predictions related to the aerodynamic loads, structural responses, and energy harvesting capabilities of BWTs. This 

advanced aero-piezoelectric model will be instrumental in optimizing the design and performance of BWTs, leading to 

more efficient and reliable renewable energy solutions. 
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